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Module 6 - Trigonométrie - partie 2 9
Ex.54 p.264 # 1410, algébriquement seulement, 11 a 20, 26 a 33 simplifie
Vérifie graphiqguement la possibilité d'une identité. Ensuite, prouve chaque identité algébriquement.

1. sinfdsecd = tan@ 2. cos@cosect = cotand
sing x 1 =tanéd cos 0 x _1 = cot ané@
cos @ siné@
tané = tané cotanéd = cot ané
3. cotan@sinf = cos @ 4., cosf+tanfsinf =secd
Cc,’sexsinazcose cos@+sm9xsin0=sec¢9
sing cos @
cos® =cosO cos? 0 +sin’ 0
=sect
cos @
=secd
cos @
secd =sect
5. tan @ + cot and = sec O cos ecH 6. sin@ 2 1
. =sec 0 -
S +C959:sec6cosec6? cos® 6
cosd sind sin? o )
sin® 0 + cos® 6 =i
: =secdcosech cos
cos dsind sinz Ja] 3 sinz J2]
— — =secfcosect cos® 6 cos® o
cosdsind
sec@cosectd =seclcosect
7. cot an@ + tan @ = sec & cos ec 8. cos @ _
cos@ sind sindcotand
—— + =secfcosectd 0
sind  cos® L ~1
2 . 2 ) cos @
cos 6?+§m stececosece sing x — ;
cos@siné sin
cos @ 1
————=secHcosect =
cosfsind cos ¢

secOcosect = secHcosect 1=1
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9. singd + tané — tano 10. secd _sing
cosd+1 cotand + tan6
i 1
sing + S':Z Aos@ — sind
_ Cos@ _ cosd sing
coso+1 ran? it Se0s 0
. . 1
sinfcos@+sing 1 _ ., %ose ing
cqs@ cosd+1 c0s2d +Sin2 0
sind(cos 0 +1) s Sindcos 0
COS@(C059+1) 1 5 sindcos 6 i
tand = tand cosf cos’O+sin’é
sin@d =sind
Pour chaque identité :
a) Montre qu’elle est vraie lorsque @ = 30°a l'aide de valeurs exactes.
b) Prouve algébriguement que I'équation est une identité.
¢) Indique les restrictions, s'il y en a.
11.  sin*0—-cos*0=2sin"0-1
sin* 30° - cos* 30° = 25in? 30° - 1 (sin? 6 — cos? O)sin? 6 + cos® 6) = 2 sin’ 6 -1
0N (BY 1V (sin® 6 — cos? 0)1) = 2sin® 6 -1
[Ej ‘[7] - (Ej -1 (sin* 6 — (1 - sin? 6)) = 2sin? 6 -1
N (sin? 0 —1+sin? 0)=2sin? 6 -1
16 16 4 2sin’0-1=2sin? -1
-8 _-2
16 4
-1_-1
2 2

12. sin@+ cos @cotan@ = cos ecd

sin30° + cos 30°cot an30° = cos ec30° ) cosd
sing + cos 9? =cosecd

(1)+ V3 % _ 1 sin26?+cos;0
72

=cosect
: - % sing e

1 3 —,1 =cosect
§+§=2 sin@

4 cosecl =cosect

—=2

2

2=2
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13. cos0(cosecO —secO)=cotand—1
cos 30°(cos ec30° - sec 30°) = cot an30° - 1 cos e(sie _ lsej I
3 i 0
(EJ N 4_1 cos® cosO _ oo
2 )| 15 \/54 L sin®  cosH
cotand —1=cotanb -1
J3-1=43-1
14. " (sind - cos 6) + (sin@ + cos ) =2
(sin30° — cos 30°) + (sin30° + cos 30°) = 2 Lp = et e s ) =2
) ) sin® @ —2sinfcos 6 + cos® 6 + sin® 6 + 2sindcos 6 + cos® 6 = 2
(l_ﬁJ +[1+£] _2 2sin’ 0 +2cos’0 =2
2 2 2 2 2(sin? 6 + cos? 6) = 2
1 V3 V3 3 1 J3 J3 3 2=2
e+ St S —+—+ =2
4" 4 47474 4 43
8_
4
2=2
15.  1-sinfcosHtand = cos® @
1-5in30°cos 30°+an30° = cos? 30° 1-sin@cos Htané = cos® 6
1(3) 5% BY 1-sindcos 03N _ cos? 9
1— 302 | B |2 cos @
é 1-sin® @ =cos® @
([BYL 2.3 cos? 0 = cos? 6
42" J3) 4
1.3
4 3
3_3
4 3
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16. 1+ cosd sing
sing  1-cosé l+cos@®  siné
1+cos30°  sin30° sing  1-coso
sin30°  1-cos30° 1+cos® 1-cos¢ _ _sind
1+ﬁ 1 sin@ 1-cos@ 1-cosé
2 __ 2 1-cos@+cosf—cos’d  sind
1 l—ﬁ siné(1 - cos 6) “1-cosd
2 2 1-cos’0  sind
2++3 1 sind(1-cosd) 1-cosd
2 ___2 sin® sing
; 2_2‘5 sind(1-cos6) 1-cosd
sind sin@
2+\/§xzzlx 2 1—C0$0:1—C059
2 1 2 2-3
1 2+4/3
2+\/§_2—\/§x2+\/§
2+3 = 2+43
4-2J3+2J3-3
2+3=2+3
17. 1+tané
1+coTan0_mn9 1+sin«y P
1+tan30° 1+i 1+C°56;?s =fan?
1+co1‘cm30°=“m300 \/§:i C059+:}':5
% 1+\/§ \/§ —cose
1+J§ 1 3+1 sin0+cos@ ~ Ton?
4 _2 V3 _ 1 siné
\/54 V3 1+V3 3 cosf+sind  sing _tano
1+ 1 2 V3+1 1 1 cos 6 sind +cos6
2 V3 1+43 3 Sind _ L
. 1.2 1 1 coso "
2 J3_1 2 B B tand = tano
5.2 2
+x
2 1
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18. cos cos 2
+ =2cotan<d
secO-1 sechH+1 cos 0 N cos 0 — 2 cot and
cos 30° cos 30° 2 sec6-1 secH+1
1+ =2cot an<30°
sec30°-1 sec30°+1 cos f(secd+1)+cosf(secd-1) _ > cot an?6
5Y (secd—1)secd+1)
«/54 ﬁé (2 cosesec0+c050+cos056C9—C059zzcoTanzg
y _1+y +1:2 1V sec’0+secd—secH-1
73 i (Zj —2;::26?;&:10 =2cot an’é
NK) J3
éJr é =2><§><£ 2cos @
2-J3 2+43 4 1 ﬁgsg:ZcoTanze
V3 V3
2
Ex 3 +§X 3 e —TanZQ:ZCOTGHZH
2 2-y3 2 2+\3 2 cot an®d = 2 cot an?6
= + 3 =6
4-2J3 4+2J3
34+243)+3(4-2/3)
(4-243)4 +243)
12+6\/§+12—6\/§:6
16 - 83 +8/3-12
24
— =6
4
6=6
19. secd sind
— — = cotand .
sind  cos O secH_sm@zcoTane
sec30° sin30° o sind cosé
: - = cot an30
sin30° cos 30° y :
cos@ Sind
2 1 2 - = cot and
/\/5 /2 sind cosé
1 ‘ﬁ/zﬁ L L SN0 otano
2 2 cos® sind cosd
2 2 1 2 1-sin®0
L xE xS -3 Sl LA
B172°R3 cososing . o ond
4 1 20
4 2R cos _
J3 43 cos 0siné cotand
3 J3 cos f
e NS =cot anéd
3>< 3_\/§ sin@ cotan
cotané = cot and
5.5
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20. tand  sind
1+tané sinf+coséd
tan 30° sin30°

1+tan30° sin30° + cos 30°
A

1+1\/§ }6+J§{

B Y

J3+1 1443
J3 2
1 o3 12
V3 1+43 2 1+43
1 1
1+J3 1443
26. tanx cos? x
sinx 2
= X COS™ X
cos X
=Sinxcos X

sinx N Cos X
"1+cosx sinx
sin? x + cosx(l + cosx)

28

(1 +cos x)sinx

_ sin® X + Cos X + cos’ X
(1+cosx)sinx

l+cosx 1
(1+cosx)sinx  sinx

30. 2(cos ec’x — cot an®x)
1 cos?® x
S 2. 2
sin®x  sin®x
1-cos? x
sin® x

=2

=2

. 2
_> s!nzszz
sin® x

sm¢9co39 - sing
siné Csi
1+ %ose sind +cos 0
Slnecose ~ sing
cos0+sind  sind +cos
cos @
sin@ 8 cos 0 sing

cos cosh+sind sind+coso

sing  sind
cos @ +sin@ sin@+cosd

27. cosec®x —cotan®x
1 cos? x
T 2. 2
sin®x  sin® x
~1-cos®x _sin®x _
sin’ x sin® x

1

29. (1+sinx) +cos® x
=1+ 2sinx + sin® x + cos® x
=1+2sinx+1

=2+2sinx

=2(1+sinx)

cosecx xsec X

cot anx
1 1

X
_ Sinx cosXx
coS X

sinx
B 1 . Sinx
SinXCoS X COoS X

31

1 2
= ——5— =sec x
cos® x

Page 6
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sinfx . tan® x —sin® x
32. ——— +sinxcos ecx 33. >

cos” X tan® xsin® x

sinfx . 1 tan® x sin® x
= >— T SINX ——— = 5 — - —

Cos‘ X sinx tan xsin®x tan® xsin® x

sin® x 1 1
= 2 +1 = .2 - 2

€cos“ X sin®x tan® x
_ sin’ x +cos® x 1 cos®x

cos? x sin®x  sin®x
1-cos?x sin®x
= sec® x = = =1

 cos® x sinfx  sin® x



